Muc luc

Chuyén dé 5. |Nguyén Ham - Tich Phénl ..............................................
§1. [Nguyén Haml ................................................................................
§2. Mot S6 Phuong Phap Tim Nguyen Haml. ...
§3. [Tich Phan. ... ... ..o i i
§4. Mot S6 Phuong Phap Tinh Tich Phan|....................o
§5. [Tich Phan Ctia Cdc Ham SO Thuong GAD|- ...« .onvvieeiei it

§6. [Ung Dung Ctia Tich PhAN|. . . ... ..ot




Nguyén Minh Hiéu




Chuyén dé 5

Nguyén Ham - Tich Phan

81. Nguyén Ham

5.1. Tim cac ho nguyén ham sau :

1
a)/(x7+4x3—x)dx; b)/<%+1_\/7>dﬂf; /256— 3)%dz;
d)/ 3sina;—|—g da: e) x+\f+1 . /x3+5x —3x+\f
T ) \/> ’ 7
4 +1

g)/ i dz; h) /tan rdx; /

2z sin xcos?

Loi gidi.
7 3 z® s 7
4 —)de=" 14— T 4o

a)/(:z+x z) dz 8—|—£L‘ 2+C

4
) 1 3x3
b)/<€/i+l—ﬁ>dx:/<x§+l—x_é>dx: Zg+x—2x%+0.

4 3
c)/(2x—3)2dx:/(4x2—12x+9)dx:§—6x2+9x+0.

2
d) / (351na:+> de = —3cosz + 2In|z| + C.

5 2
1 325 626 3af
e) x+§+ dw—/(x§+xé+x§)dx: A A el

2

5 3

oxc — 3 1 2x2  10x2

f)/x + 527 x+\/§dx: wF 4507 — 32 4 - | de = oL 4§ —6:L'%—|—ln|a:|+C.
T x 5 3

47 41 1\* 2r  (3)F 27 1
dx = 2% = dx = C=—-— C
g)/ e O /[ +<2>]$ 1112+12Jr m2  2m2
1
h)/tan%dacz/( 5 —1) dz =tanz — oz + C.
COS“T
1 in? 2 1 1

i)/de:/de:/< 5 +.2)dm:tana:—cotx—|—0.

S~ rcos<x SIN~xrcos“T COs“x s~ x

5.2. Tim mot nguyén ham F(z) ctia ham s6 f(z) = 23 + 1, biét F(1) =

4
Loi gidi. Ta c¢6 F(x) la mot nguyén ham cta f(z) nén c6 dang F(z) = /f(x)dr =L taq0

4
. 1 3 . x? 3
LalcoF(l):2<:>1+1+C:2<:>C:E.VayF(x):Z—i-a:—i-Z.

. b ..
5.3. Tim mot nguyén ham F(z) ctia ham s6 f(r) = ax + —;, biet F(=1) =2, F(1) =4 va F(2) = 5.
x

b 2 b
Lai giai. Ta c6 F'(x) 1a mot nguyén ham cta f(z) nén cé dang F(x) = / <aa: + 2) de=22 24
x x

3
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F(-1)=2 %a+b+0:2 a=1 5 5
Laico ¢ F(1)=4 < 2a—b—l—C’—4 &< b=-1 VayF(;U):—+—+§.
F(2)=5 a—fb+C’—5 c:g x
5.4. Goi F(z) la mot nguyén ham cia f(z) = 1 théa F(1) = —1. Tim z dé 2F(x) = ¥—1
e GG Ol nNguy = = . _F(x)—}—l .

1 1
Lai giai. Ta ¢6 F(x) la mot nguyén ham cta f(x) = — nén ¢6 dang F(x) = / —dz =In|z|+ C.
x T
Laico F(1) = —-1=C=—-1= F(z) =In|z| - L

Khi d6 2F(z) = —1l<2(njz|—-1)= —1 ().

F(z)+1 In |z|
N = — :I:
Vé6i didu kien z # +1 ta c6 (x) < 2In? |z|—In|z|-1 =0 < Inje] =1 1 & v _ el (théa man).
In |1E| = ) T = i%
1
Vayx::tevazvzzt%.

§2. Mot S6 Phuong Phap Tim Nguyén Ham

5.5. Tim cac ho nguyén ham sau :

4dr — 1
9 . — . _ 3x+1
a)I:/(3m+3) d; b)f—/2x+1dﬂi, c)I—/(e + —|—cos5x)d,
d) I = /Sin5a:sin3:dx; e) [ = /x(a:Q + 1)2013d3:; f) I = /Qxdm;
4 +1
g)I:/ ¢ dx; h)[:/mdx; i)I:/cosxdm
e? 4+ 1 T
Loi giai.
1(3z+3)"°

1
§T+C 30(3:E-|—3) + C.

3 1 3 3
b)I—/<2—2x+1>dx—/2dx—2/2x+1d(2w+1)—2x—21n]21:+1\+C’.

1 1 1 1
c)I = /e3x+1da: + /cos Sbedr = 3 /e3m+1d(3x +1)+ = /COS Sxd (5x) = §63I+1 + R sinbz + C.

a) I = ;/(3x+3)9d(3x+3) =

1 1 1 1. 1.
d) I = 2/(cos4x—cos6:c)da:— 8/cos4a:d(4:z:)—12/0056xd(6x)— §81n4az—ﬁsm6x+0.
1 Jo13 1(x2+1)2014 (x2+1)2014
I=- [ (@*+1 P+l =" 4 OC="— "+ (.
e) 2/(1‘-1—) d(z*+1) 5 5014 +C 1028 +C
1
1 -1 1(2*4+1)2
f)I:Q/(szrl) 2d(1:2+1):2(331)+0:\/a:27+1+0.
2
1 xT X
g)I_/eerld(e 1) =Infe" + 1|+ C.
3
1+1 2 2(1+1 v1+1
h)f:/(1+1nx)%d(1+1nx):(+;“”)+c= (tho)vithe .
2 33 5
9si .
i) I:/cos4xcosxdx:/(l—siHQm)Qd(sinx) =sinz — Slg - +51r;:c +C.
5.6. Tim cac ho nguyén ham sau :
3
a) [_/ 2x+1dx; b) I = /x5\/ 23 + 1dx; c) I = /x(x— 1)2013d:1:;
x
2z 2Ilnz —1
d) I = :xiﬂda:; e) I :/;llxmgdx; f) I = /Sm zv/1 4+ cos zdz.

L&i giai.
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a) bat v = 22 + 1 = du = 2zdz, ta c6 :

2 1 -1 1 1
I:/”dxz/u du:/ 1——)du
2 4+ 1 2 U 2 U
1 1 1
:§(u—ln|u\)+C’:§($2+1)—iln(xQ—l—l)—i-C

b) Dit u = V23 +1 & u? = 23 + 1 = 2udu = 3z%dx, ta c6 :

3x2\/x3+1da}:/(u2—1) u%du— ;/(u4—u2) du

5 3
50 I 2(Vat+1) 2(VatH)
= <5+>+C: +

3 3 15 9 +C

c)bitu=2r—-1=du=dz, tact:

I= / (u+ D)u?du = / (u?™ 4 w?1?) du

7u2015 N u2014 N C B (.7: . 1)2015 (x . 1)2014 N C
2015 2014 2015 2014

d) Dit u = Ve? + 1 & u? = e + 1 = 2udu = e*dux, ta c6 :

2 _
I/\/r uu12udU—2/(u2—1)du
— 3
:2(3—u)+0:2(63+1)—2\/e$+1+0

1
e) Dait u =Inzr = du = —dz, ta co :
x

I:/%u_ldu /<2—u>du

=2u—Inju/+C=2nz—In|hz|+C

f) Dat u = v/1+ cosz & u? =1+ cosx = 2udu = — sinzdz, ta c6 :

I = /sinQ:c sinzv1 + coszdx = / (1 — COSQZL‘) V1 + cosxsinxdx

N ‘/ (1= (2 = 1)7) w2udu = - / (—u +2u”) 2u’du = 2 / (u — 2ut) du
:2<“7_2U5>+C:2(x/m)7 4(V1Fcosz)’

C
7 5 *

5.7. Tim cac ho nguyén ham sau :

a) I :/(ac —1)e"du; b) I = /:re%d:r; /xcoswdx

d) I = /(21’ — 1) sin 2zdz; e) I = /x2 In zdz;
Loi giai.

5 u=x—1 du = dzx .
a)Dat{dv:e“dx j{v:ex , ta co :

ln zdx.

I:(w—l)ez—/e‘”da}:(:U—l)e“—em+C:($—2)e’”+C'

)
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U=z {du:dm

b)Dat{ 9 1 9y »taco:
dv = e**dx v=ge* "’

1 1 1 1
I= iajezx — / §ezxdaz = ixeh — Zen +C
C)Dat{u:x :>{du:.dm , ta co :
dv = cos zdzx v =sinx

I:xsinx—/sinxdx:xsinx+cosx+0
u=2x—1 {duszJ; p
, ta co:

dv = sin 2zdx V= —% cos 2x

d) Dat {

1 1 1
I= —5(2.% — 1) cos 2z + /cos2xd:c = —5(21‘ — 1) cos2x + §sin2x +C

. u=Inzx du:%dl‘ ,
e)Dat{dv:xde :>{ g , ta co :

3 31 3 1 3 3
Iz;lnx— g;mdx:glnx—g)/ﬁdx:Slnw—:bg—i-C
. u=Inx du:%dx
f)Dat{dU:(fE3—|—1)dCE :{U:i‘{—;p’taco

xt xt 1 xt xt
I = (4+x>lnx—/<4+x> Ed:p— (4+$)1H$—16—$+C

5.8. Tim cac ho nguyén ham sau :

a) I = /ln (22 + 1) da; b) I = /ln (1‘2 + 2z) d; c) I = /xQGQw_ldx;
d) I = /x2 cos xdz; e) I = /ez sin xdz; f) I = /ex cos 2zdx.
Lo giai.

~ u=1In(2z+1)
@) Dat { dv =dz

2 1 1
I—mln(2x+1)—/ $x dx-/(l— )dx—x—21n|2x+1]+0

20+ 1

2
_ 2 — 2x+2
b) Dat u=In (z + Zz) N du m2+2xdx
dv =dz v

2 2 2
I:xln(:v2+2:c)—/xmdx:xln(aj2+2m)—/(2—$+2>dx

:xln(:nQ—l—Q:L')—21‘+21n|x—|—2|—|—0

, ta co :

2
_ u==x du = 2zdzx .
c) Dat { do — 027~ 1dy { v = Lol ta co :

I = 1x2€2z—1 _ /erI—ldx — %1262:6—1 o II

2
Laidat{ 9r—1 :>{ 1 90-1 ,taco:
dv = e dx v =5

1 1 1 1
Il — 5erzfl o 5 /e2x1dx _ 51,62171 o Ze23071 +C
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1 1 1 1
Vay [ = =221 — [ Zge®* 1l — 22l L0 == (23:2 — 2z + 1) 2l L .
2 2 4 4
_ 2 _
d)batd ¢ 7 = du —‘Zxdac , ta o :
dv = cosxzdzx v=sinz

I:x2sinx—/2xsinxdx:xzsinx—ll

. ta co :
dv = sinzdz ’

Laidat{uzzx j{du:de .
V= —COSZ

= —2xcos:v+/2008wdm = —2zxcosxz + 2sinz + C

Vay I = z%sinx — (—2x cosx + 2sinz) + C = z?sinx + 2z cosx — 2sinz + C.
— AT RN
e)Dat{ue j{duedm

. ta co :
dv = sinzdz v=—cosx ’

I= —ezcosx—l—/excosxdx: —e®cosx + I

, ta co :

Laidat{u:e é{du:edx

dv = cos xdx v =sinx

[ =e"sinx — /exsinxdx =¢e"sing — [

1
Vay [ = —e"cosx +e’sine — [ & [ = iex (sinx —cosz) + C.

f)Dat{u_e :{du—edx

. ta co :
dv = cos 2zdx v = %sm 2z’

1 1 1 1
I = —e%sin2x — - [ e*sin2zxdx = —e®sin2zx — =13
2 2 2 2

, ta co :

Laidat{u:e i{du:edx

dv = sin 2zdx V= —% cos 2x

1 1 1 1
L = —569” cos 2x + z/ex cos 2xdx = —§ex cos 2z + 5[

1 1 1 2 1
Vay I = 5e’”sin2x+1e‘”c0s2m— ZI@I: 5exsin2x+ 5ezcos2x+C’.

83. Tich Phan

5.9. Tinh céac tich phan sau :

1 € d In2

a) I = /5x4dx; b) I = /;, c) I = /exdx;
0 1 0
© ! L

d) I = /COS?)ZL‘d.’E; e) I= /(2%’ - 1)2013d.’£; f) I :/(—21E+ 1)7dZE
0 3 0

Lai giai
a) [ = x‘r"(l) =1.
b) I =Inz||{ =lne—Inl=1.
n _ 1
C)I:—e*’”IOQ:—(e ln2—e0):§.
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1 [ 1 1
d) I = §sin3a:0 :gsing—gsin0:§.
1
)1 1(2z — 1)1 1
e = = )
2 2014 i 4028
- 2 20 + 1)
f) I:—/(—2x+1)7d(—2x+1): G 0 B
2 16
0 0
5.10. Tinh cac tich phan sau :
1 E £
a)I:/e25’”dx' /sm 2x+ d / x;
s22x
0
/ 50) e) I:/\/5—4xdx; )I:/\3/3:c—|—2dx.
- 52’ 21 1
L3i giai.
1
1 1 1 2 _ -3
a)I:—/e25xd(2—5x):—e25x _&=°
5 5 |, 5
0
G .
1 1 6 3
0 1= [ (204 F)a (204 5) = —Joos 20+ )| = ¥
0
1 ‘ 1 1 5 V3
6
I=< 22) = - tan2z| = .
) 2/00522xd( ?) 2tan :EO 2
0
; 0 11
d)I=4[(3-50)"dz=—-2(3-5 —2‘ -
) 1=4 [ (-50) e = —23-50)2] = o
21
/ 15—42)f| 13
— 2
e)I:/(5—4x);d:z:: L 3x) = —
4 5 3
—1 -1
/ 332 +2) | 3/625
3
£) I :/(3x+2)§d B CTRE R T
4 4
1 1
5.11. Tinh cac tich phan sau
2 4 In2
a) I = /(Gm — 4z + 1) dz; b)I:/(Qac—F\/E)da:7 c)I:/(ex—i-Q:c)dx,
1 1 0
h 2 5a + 3 [~ 3043
d)I:/<x+>dx, e)I:/x : f)I:/x_x da
T r+2 T —2
2 0
Loi giai
a) I = (22° — 22> +2)|{ =9
4 4
2 59
b)I:/(2x+$é)dx:<x2+ x2> =
3 3
1 1
) I = (e" +2?) gn2—1+ln22
4
1 a3 n\[* 275
I= 2494 —)de= (% 420 - =
d) /<:U+ —|—x2>dx <3—|—a: )2 D
2
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e) [ = (5—$12>dx:(5x—71n]a:+2])|(1):5—71n§.

1
0/
1 . )
T
f)I-/(x—1+x_2>da:— (2—x+ln|x—2|>
0
h

1
—e— - —In2.
) e—5—n
5.12. Tinh céac tich phan sau :
bl 5 I Deos? .
a) [ = /(1 + sin — )cos de; b) I = /cos22xd:1:; c) I = /cosx;—dx;
2 2 1 —sin“x
0 0
5 z 1
COS“ T
d) I _/s1n221:dx’ /cos3xcosxdx; /ac 2013(133-
3 0 0
Loi giai.
2 ﬁ
1 1 2 1
a) [ = / <cos; + 251na:>dx = <2sin§ — 5 o8 >0 =3 + V2.
0
| 1 1 42
. 8 7T
b)I—Q/(1+cos4ac)da:—2<x+4s1n4x>‘0 =15
0
; 2cos’r + 1 ; 1 2
cos“x + T+
c) I_/cos%dx_/(2+ cos2:c> de = (2z +tanz)|f = 5
0 0
5 N 3 ) 5 z
1 1 3 3
D= [ Ot [ L e [ ars et _ Y3,
sin“2z 4sin“zcos“x 4sin“z 4 Ed 6
s s s ¢
bl .
1 1 . 1 . 2
e) I =~ [ (cos2x + cosdzx)dr = | —sin2z + — sindz =0.
2 4 8 0
0
/ sy, (@00 @@
= —1+41)(z-1)*dg = -
/(x 1) (- )7 de ( 2015 | 2014 ) . 4058210
0

§4. Mot S6 Phuong Phap Tinh Tich Phan

5.13. Tinh cac tich phan sau :

1 ) V3 2 1
a) I :/de, b) I = / \V 3 — 132de‘, C) I= 2/ T l’2 _ 1dl’,
0 0 v
2 2 T2
1 sin“x
T — . f) I = dz.
d) I:/da: e) 5 da / z
v/ V1 2 3T+ 1
) 1 — 22 / T +2x o

Lai giai.

a) Dat 2 = V3tant, t € (_E;E) =dz = V3 dt = V3(1 + tan t)dt.
272 cos? t

Déic{mszétzO;mzl:t:%,tac():

s
1 1 i
3 (1 + tan’t dt:/dt:tGZ
/3+3tan V3 ( ) \/50 V3 o 6v/3

0
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b) Dit z = V3sint, t € [—g; g} = dz = /3 costdt.

Déicanx:O:t:O;leét:%,tacé:

4 G i x
3 3 3 6 2 3vV3
I:/\/3—3sin2t\/§costdt:3/0052tdt:2/(1+Cos2t)dt: <2t+4sin2t> = 7T+8\[
0 0 0 0
¢) Dt ! te[ 7r7T}\{O}:»d SCSLIY
it e =—, - = .
sint’ ’ sinZt
Déi can x = 2 :>t—z' —2:>t—E ta co :
G - \/g - 37 - - 67 .
5 . . 5
- MY PO
1 /1 qsin®t 6 6
z sint \/ sin®t z
d) Dat z =sint, t € [—g,g} = dz = costdt.
, 2
Déicanx—Oét—O;x—\g t:%,tacé:
11 i 72
/ sin’ costdt = / sin’tdt = = / (1 —cos2t)d <t— sin2t> _T
1—sm 2 2 4 0 8
0 0 0
5 1 1 P 1 )
e)Datxz;:da::—ﬁdt.D01cana::1:>t:1;szit:?taco:
/ / V2- V5
1 1 t 1 1 2v2 — /5
= dt:/ dt = = d(1 + ¢ :\/1+t2 =
/1 [1 4 1t V14 t2 2/ V14t ( ) 3 2
122 2 1 1
2 2 2
fyDat v = —t=dr=—dt. Déicanor = 1 =>t=mor=n=1t=—m, ta co :
™ ™ s ™
I / sin? (_t)dt:/ fin2t g — / 3tsin2tdt: / 3“”sin2xdx
37t+1 37 +1 1+3t 1+ 3
—T —T —T —T
A ) ) . T
37 1 1
Suy ra 2I:/(1812;;+ 122:) d:c:/sinzxdx: (2m—4sin2x> W:W@I:g.
—Tr —T
5.14. Tinh cac tich phan sau :
1 1 1
+2
I= 231 +2")° da; / / :
a) /:r(—l—:n) T; x2—|—1 x—|—4x+7
0 0 0
1 1 )
d) I = (2x+1)em2+x+ldx- = $_2) NI = cosx d
= ; = 24 ) I = ( + sin z) sin zdz.
0 0 0

L&i giai.

o
N~—
~
1
o _
/N
S
|
8
[
+ &
—
~_
(oW
&

1
o _
8
o,

S
|
N | —

8
[
+
—
QU
—~
8
+
—_
S—
vo| 8,
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1
d(z* +42+7) = ln|x +4x+7\ In 172

1
T2

:v2+4:c+7

l\.')\r—t
O\H

1
1

(22 + 1)e” 2hatl g, — /ex2+x+1d(2$ 1) = ex2+x+1‘ — 3o
0

1 1
x? — 4:p+4 1 1 5
$2+4 /dx 2/$2+4d(x2+4):(x—21n(932—|—4))’0:1—21n4.
0 0

us
2

1
f) I = /ecosxsina:da; + [ sin’zdz = /e“’”d cos x) 2/ (1 —cos2zx)d
0 0

S —

[SIE]

0
1 1 2 T
_ cos T - — o
= < +2:1c 4sm2x>’0 e—1+ 1
5.15. Tinh cac tich phan sau :
1 1 1
a) I:/x?’\/l—mzdm; b) I:/ms( —|—1)2012d ; c) I:/ ’ gd;
(x+1)
0 0 0
r 141 ro92] +1 7 97 — 1)10
d)I:/ 2 e)I:/ = : )I:/(x_)
/ x / z(lnz 4+ 1) / (x+1)

Loi giai.
1
a) Taco I = /mQx\/ 1 — 22dz.

0
bitu=Vl—-22cu’=1-22=udu= —2dz. Déicanz=0=u=1;2=1=u=0, ta cé :

1 3 1

1

u ’LL5

(1- udy = it du= (L L
0

0

. 15

)2012

b) Taco I = [ a*z(z? +1)7 “da.

O\H

bitu=2>+1=du=22dz. Ddicanz=0=u=1;2=1=u=2,taco:

2
/ 2 2012du
1

1 u2015 2u2014 u2013
=5\ 2015 2014 ' 2013

I\D\H
M\»ﬂ

2
/ (u2014 o 2U2013 + u2012) du
1

? 2025079.22012 _ |
4084588365

c)Ditu=z+1=du=dr. Déicinr=0=u=12=1=u=2,taco:

[t ] (=)= (5o 2)

1 .
d)bat u=lnzr=du=—-dz. Doicainz=1=u=0z=e=u=1,taco:
x

1
/1+ (+“)‘1 >
u u+t— )| =-
4/l 4
0

11

2
.8
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1 .
ybatu=Inz+1=du=—-dz.Déicanz=1=u=1z=e=>u=2,taco:
x

/ j()du<m+;)

F -1\ 1
f) Tacé]z/< ) . sda.
x+1 (x+1)

2 1
=2ln2 — —
1 2

1
2z — 1 3 1
bat u = v = du = ———dz. Péicanz=1=>u=-;2=2=u=1,taco:
x+1 (x+1)2 2’
1/ 1t 9047
I:/uwdu:u = —
3 33 |1 67584
2
2
5.16. Tinh cac tich phan sau :
1 1 In3
a)I:/(x—l) “dx b)I:/(Q:U—&—l)e_QId:U; C)I:/xexdx
ver +1
0 0 0
3 3 ]
d) I:/(:v+1)smxdx e) I:/x(l—kcost)dx; f) I_/l—l-cafjs%cdx
0 0 0
el e2 2+3 2
nx x
g) I = ?dx; h) I—/ . In zdzx; i) I:/ln (:c2+2:1:) dx.
1 1 1
Loi giai
a) Dat v = T , ta co:
dv = ¢*dx v=2¢e"
1
I=(zx—-1)€", /ezdx—l—em|0:2—e
0
=2 1 du = 2d
b) Dit w=erd “ 1x ta co
dv = e 2%dx v=—1e?
1
1
I (2z+1) 2x\0+/e 2qr =~ Set o e | =1 2072
0
U=z du = dx
c) bat @ = , ta co:
) {dv\/eezT {U_2\/ex

In3 In3

X xX 1
| gx,/ea:+15“3_2/\/er+1dx:41n3—2/e Vegc—i_d:v
[
0

0

Lai diat u=ve* + 1 < u? = e + 1 = 2udu = e*dz.

12
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Déicanz=0=u=+v2;2=In3=u=2, taco:

2

2
U 1
I:4ln3—2/u2_12udu:4ln3—4/<1+u2_1>du
V2

V2 2
Fu+1)—(u—1) fO1
u+1)—(u—
—4In3 — 4t]*°- — 2 du=41n3 —8+4vV2 -2 - d
" NG (u+1)(u—1) “ " vz /(u—l u—i—l) “
V2 V2
:41n3—8+4\f—2(1n|u—1|—1n\u+1|)|f/§:61n3—8+4\/§+41n(\/§—1)
d) Dat " er = T , taco:
dv = sin zdx V= —COSZ

I=—(x+1)cosz|§ + [ coszdr =1+ sinz|§ =2

O\wm

° u=2x du:d$ L
e) Dat = 1 , ta co:
dv = (1 4 cos2x) dz v =1+ 5sin2z

1
I =x <:L‘+Qsin2x>

jus

s 2 L
2 1 2 22 1 2
— —sin 2 de=—— | — — = 2 =
. /(x—i—zsm x) x 1 (2 4cos x>’0
0

V)
oo‘>‘M
N —

x
f)y T I =
) Ta c6 /20082:1:
0
= du=d
pat{ Y77 1 = v 1 * , ta co
dv = 5 5-dx v=;ta
: L3 y i
4
I = —ztanzx —/tanxdxzﬂ—/smxdmzﬂ—l—/ dcosz
0 2 8 2 CosS T 8 2 Ccos T
0 0 0
i 1
*%—l—iln]cos:d :%—ZIDQ
=1 du = 1d
g) Dat " nlx " wlx , ta co :
dv = dx v=—2
1 e @ e
1 1 1 2
I:—ﬂ —|—/2dx:__ =1 - —
1 T e T e

h) Ta CC)I:/<2$+3) lnxdx:/Qa:lna:dx—i—/3lnxda::I1+Ig.
x x
1

1 1

_ Ju=Inz du = Ldz .

bat = i , ta co :
dv = 2zdx v =2

< e

2
T
I = x21nx|i—/azdx:e2— o)

e +1
1 2

1

13
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1 2
batu=Ihr=du=—-dz.Doicinz=1=u=0;z=e=>u=1,tacod:
T

1

1
32
Igz/?;udu:g

0 2
62
Vayfl—l—fng—i-?.

— 2 _ 2x42
i) Dat {Z N h;(x +2z) = {du = a2 de , ta co :
v =dx VvV =2x

2
2% + 2
I= xln(x2—|—2x)ﬁ—/de:21n8—ln3— (22— 2|z +2))> =10In2 — 31n3 — 2
T4+ 2x

1

5.17. Tinh cac tich phan sau :

In2 In3 5
a) [ = /xzexdx; b) I = / (:U2 —21‘) e"du; c) I :/ 2 cos zdx;
0 0 0
e % %
d) I = /1‘1112517d$; e) I = /ex cos zdx; f) I = /ez‘r cos 3zdx
1 0 0
Loi giai
- u=x2 du = 2zdx
a)Dat{dv—exdx {v:ex , ta c6
In2 In2
I=z%" :)HQ— /emZxdx:2ln22/2xemdx
0 0
el u=2x du = 2dz .
Laldat{dv:exdx :{v:e‘” , ta co :
In2
_ 2 z(ln2 T _ 2 zln2 _ 2
I =2In"2 — 2ze”| —i—/Ze dz =2In"2 —4In2 + 2¢"|)'* = 2In“2 —41In2 4 2
0
y u=x?—2z du = (22 — 2)dz .,
b)Dat{dv—ezdx {v—e"” , ta co :
In3 In3
I= (2°—2z) ex‘i)ng — /ex (22 — 2)dz = 3 (In?3 — 2In3) — /ex (2z — 2)dx
0 0
el u=2xr—2 du = 2dzx .
Laldat{dv:e”dx j{v:ex , ta co :
In3
I=3(In3-2mn3) — (22 — 2) ex|%)n3—|—/2emd:1:
0

=3(In?3 —2In3) —3(2In3 —2) — 2 + 2¢7[3"*
=3In%3 — 12In3 + 8

14
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U=

c) Dit { dv = cos xdx

2 { du = 2zdx .
. ,taco:
v =sInx

7T2

I= xzsinm}g — | 2zsinzdx = T

NIE]

2x sin zdx

o\
[ME]

o

u =2z

Lai dit . du=2dz "\ 6.
dv = sin zdx T

2

2 . 7 2 .
I= %—i— 2z cos z|¢ —/QCosmdx: — — 2sinz|j = Z_Q
0
- uw=In%z duz%lnazdx
d)Dat{dv—xdx {v—x; , ta ¢o
21 2,.1© Y 2 ;
=127 —/xlnxdm:e—/mlnmdx
2 | 2
1

u =e*

_ du = e*dx -
¢) Dat { dv = cosxdx { » b0 :

v=sInx

s s
2 2
. 5 . fud .
I = e*sinx|§ —/e‘”smxdx =e2 —/ezsmxdx
0 0
x €T
C el U =e du = e*dx j
Lai dat . , ta co :
dv = sinzdx v = —COoS
™
2 ™ 1
sy z sy €2 —
I=e2— | —e"cosz|} —l—/ezcosa:dx =e2—-1-JI&l=
0

u = e

{ du = 2¢%dx .
1 . , ta co:
sin 3x

f) Dat { dv = cos 3zdx v=73
bl bl
1= é o2 Sin3$|§ — % /62:” sin 3xzdx = —ée” — % /62‘” sin 3xdx
0 0
Lai dat { zv::ez?n 3zdr { Su::éezz(igx , taco:
x bl
I= —ée’r — ; —e?® cos 3 02 +§0/62$cos3xdx = —ée” — g ——Ilel= _3e

15
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5.18. Tinh cac tich phan sau :

1 w2 e’
a) [ = /mgerdx; b) I = /\/Esin Vrdz; c) I = /cos (Inz) dx;
0
ed 2
: —Inz) (141
d)I:/lnxln(lnx)dx; /:J:—I—l e’ In xdx; / z—Inw) ne)
x / 1+xlnx)
e? 1

L&i giai.

a)Dat t =22 = dt =2xdz. Ddicanz=0=t=0;2=1=t=1,tac6: [ =

N[ =

1
/ teldt.
0

Laidét{u:t é{du:dt

dv = etdt

b)Ditt=yzet?=r=2dt=dr. Ddicinz=0=t=0;x=n2=t =, taco :

I= /tsint.tht: /2t2 sin ¢dt
0 0
5 u=2t2 du = 4tdt .
Dat{ dv = sin tdt :>{ V= —COST » ta o ;
T iy
I = —2t2cost’g+/4tcostdt: 2772+/4tcostdt
0 0
o u =4t du = 4dt .
Lai st { dv = costdt :>{ v =-sint » ta o :

™
I =2n? + 4tsint|] — 4/sintdt =277 + 4cost|] = 27% — 8
0

¢) Dat { u = cos(Ilnx) N { du = —1sin(lnz)dz

ta co :
dv =dz v=2x ’

e” e™
I= ZCCOS(]HJJ)ﬁW + /Sin (Inz)der=—€" -1+ /sin (Inz)dx
1 1

— 1
Lai it § 4= sin(ln ) N du = : cos(lnz)dz ta o6 :
dv =dx v=u
eﬂ'
- . ™ - e”—i—l
I'=—-e"—1+zsin(lnz)|] — [ cos(lnzx)dz=—-€"-1-11=— 5

1
. 5
d) Datt:lnxidt:dx.Déicanx:ezitzzx:e5:>t:5,tacc’):I:/tlntdt.
T
2

16
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5
21 1
I = —lnt ——dt = 1n5—21n2—/tdt
2 ¢ 2
2 2
25 1.,]° 21
= ZIn5—-2In2— ¢ —ln5—21 2 —
2 4 |, 4

dv = e*dx v =¢e%

= 1 =1 141
e)Dét{u (x+1)lnx :{du (Inz+21+1)de ta c6 :

2
x

2 2
1
I= (:c+1)1nx.ex]%—/ex <lnx++1>dm:3621n2 /e (Inz+1) da;—/eda:
x x
1

1 1

dv = e*dz v=¢e"

=1 1 du = 1d
Laidét{u e :>{u z , ta co :

2
T T
I:3e21n2—ex(ln:c+1)|%+/edm—/edm:2621n2—62+e
x x
1

o Ju=z—-Inz du:(l—f)dx .
f) Dat llnz 1 = 1 , ta co:
dv = (1+xlnm)2d$: (1+mlnm)2d(1+xlnx) V= "1fzmaz
& (&
-1 e 1—1 -1 1_ 1
[= _rTmr —I—/Idle—e —i—/f‘ 22 dx
l+zlnzx|, l1+zlnz e+1 ;tnz
1 1
2 1 c
= +In|—+Inz|| = (1+e)
e+ 1 T 1

§5. Tich Phan Cua Cac Ham S6 Thudng Gap

5.19. Tinh cac tich phan sau :
2 4 2

a)I:/|:v—1|d:E; b)I:/|3—x|dx; C)I:/‘x2—3x+2’dx;
—2 0 0
3 s
d)I:/(|x+1|+|x—2|)dx; e)I:/|2x—|x+1|]dw; f)[:/ﬁ_coszxdx.
—2 -2 0
Loi giai.
1 2

I—/]a:—llda:—i—/]a:—l]dx—/ (1—x) da:—i—/a:—l
1

_ Lo\ L o

-3 +<2w )

3

I—/\S—x|dx+/|3—x|dx—/( —a:)d:z:+/4(—3+x)daz
3

0
:E2 2
- (3”“2) ' # (o g)

o 9. 1_
122_

4

3
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1 2 1

2
c)I:/ﬁﬁ—3x+ﬂdx+/ﬁﬁ—3x+ﬂdx:/Xﬁ—3x+®dx+/Xﬂﬁ+3x—mdx
1

0 1 0

a3 322 ! a3 32 2
== ——+2 —_t — =2 =1.
<3 5 + a:) + ( 3 + 5 x) +

5 1
, 66

/]az+1]da:+/]a:—2[da:—/]w+ldx+/!x+1\dx+/\$—2\dx+/\x—Q\dx

3 2 3
—/(—x—l)dx—i-/(x—i-l)dx—i-/ —x+2) dx—i—/
—1 —2 2
x? -1 x? 3 z? x?
2 e
2 L\ 2 » 2 L\ 2

I—/!Z:c—&—x—i—l]dw—l—/]2m—x—1\dx—/\3x+1]dm+/!x—1]d:c+/]w—l]dx
“1 2

—1 1

2
:/(—Sx—l)dx+/ (1—2x) d:L‘+/a:—1
—92 -1 1
(5ol 3 o)
=(-——-x +|lx—cz + |z —2
2 9 2 1 2 1
I—\[/|Slnx]dx—\f/|sma:|d:v—|—\f/|smx|dx—\[/Slnxdac+\f/—smzcdm
Z—\fcosx

3

, 2 2

2

7 1
5 T2+5=06

+—\/7cosx =V24+V24+V24+V2= 4x/i

5.20. Tinh cac tich phan sau :

1 3
-1 4
:/ ——dx; b) I:/ ov — 13 dx; c) I—/ v dz;
ac—l—l) 22 —5x+6 x?—1
3 0 2
(z—1) [o3r—1 o
x(x — xr—
d)I= [ =—5—=dz; = 22— du pr=|—4d
) / 2 —4 " °) /ac2+6x+9 v ) /a:Q—l—a:—i—l v
0 0 0
Loi giai.
a) Cl: (Phuong phap dong nhat he sd)
) 1 A B A(x+1)+B(x—-2) (A+B)x+A-2B
Ta c6 = + = =
(x=2)(zx+1) x—-2 z+1 (x—=2)(z+1) (x—=2)(z+1)

A-2B=1

5
Sy
- 3) x—

3

C2: (Phuong phap tri sb rieng)

2
_ 1
D6ngnhéthésédu’cjc{A+B_0 {f;—g_

5
1 1 |
—3/x+1d:c (nlr =2 ~nfo +1)| = g
3

oo\r—‘

1 A B A@+1)+B(z-2)
PO )@t r-2 a4l @-2)(z+1) (z+1)+B(z-2)
1 1
Choszdu’OcA—g hox:—ldlr(jcB:—g.Khidé
1o 11 1 |
_ 2 do — = = —(Inlz -2/ -1 1))] = =-In2
3/x—2m 3/$+ g(nle =2 =Infr+1)| =g
3 3

18

1 1
=-+8+8+<- =
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C3: (K§y thuat them bét hay con goi 1a k§ thuat nhay tang lau)

5

5
e T [ ¥
3 x—2 :E—|—1 3 ac—}—l

3 3
L nle—2) —mnje 11| = L2
= - (In|z — n =
5 (nfz x .73
-1 -1 A B A+ B)x —2A—-3B
b) Ta c6 Sx—13  5x—13 N :( +B)x 3
2?2 —=5r+6 (r—3)(z—2) x—-3 x-2 (x —3)(x—2)
N P, A+B=5 A=2 s
Dongnhathesodufoc{_2A_BB:_3 {BZS.Khldo

2d1:: 21n|x—3||(1)—|— 3ln|m—2|\(1) =—In18

; 1 22 ; 1
de=2"1 [ ——du
2+/x2—1x 3+/$2_1x
2 2

1 1
1 1
:2/ dm—{—?)/
r—3 T —
0 0
3 . s
_ 2 _ (7
TacoI-/(a: +1+x2_1>dx— (3—1—3:)
2

1 A B (A+B)x+A—-B
Lai co6 = + —
x?2—1 ($—1)(£C+1) x—1 x+1 (x —1)(x +1)
X Z ~ £ A+B:O A:% .
Dong nhat hé s6 duge { A_B—1 & { B_ _% Khi do
2 17 1 Lo 22 1 522 3
I=—+- de — = de=—+ = (1 -1 -1 1 — 71 —
3+2/x—1$ 2/x+1x 3+2(n]m | —In |z + |)2 3~|— n
2 2
1 1 1 1
T —x+4 1 —x+4 —r+4
) Taco I = /x /<1+x2_4>dx:x]0+/de:1+/x2_4dx.
0 0 0 0
., —x+4 —x+4 A B (A+ B)x +2A-2B
Lai c6 = = + = .
22—4 (z2-2)(x+2) -2 x+42 x? —4
N % ~ Z A+B:_1 A:% . )
DongnhathesodUQc{2A2B:4 {B:g . Khi do

1

1 1
1 1 3 1 1 !
I=1+= dz — = dz =1+ -Injz —2
+2/x—2x 2/x+2x Tl =2
0 0

:1—|—ln2—§ln3
0 2

3
- §ln|x+2|

. 3z—1 3z —1 A B A(x+3)+B Azx+3A+B
e) Ta co — = 5 = + s = — = .
2 +6r+9 (24 3) r+3  (z+3) (x +3) (x+3)
Déng nhat he s6 duge 4 22 sl A=3  Knids
ong nhat he s6 duge ¢ 5 p B_ _qp - Khido

x+3 +3lo
1
1
f)TacoI:/ 7 d
s (z+3) +3
1 \/§ T T \/3 1 \/g
Dit 7+ = = V> tant, t (—7;7) dr = Y2 = dt = Y21 + tan? t)dt.
ax+2 5 tan IS 22:>:c 5 cox?i 2(+an)

19
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ta co :

I
¥
I

Déicanz =0=t = 3

w3
3

; 1 V3 2 ; 2

I= 1—|—tan2tdt:/dt=t‘ =—=
W/Ztan%—}—i 2( ) \/§W V3 = 3v3
6 6

5.21. Tinh cac tich phan sau :

1 2 3
4o — 2 - 2 2—z+3
a)I:/ x da; :/ S F x; c)[:/gli3 T dz;
(x+2)(z2+1) (2?2 +2x+1) a3 — 3z +2
0 1
2 . 0 .
1- 2
d)I:/ Y du; :/ Tt g f)I:/ _dz.
r + x° Sta?ta+1 j (22 =3z +2)
1 0 _
Lo giai.
) 4 — 2 A B 2Cr A2 +1) 4+ Bz +2) 4+ 2Cz(x + 2)
a) Ta c6 = + + —
(x+2)(22+1) z+2 2241 2241 (x +2)(22+1)
_ (A+20)z*+ (B+4C)z+ A+ 2B
N (x+2)(22+1) ’
A+4+2C=0 A=-2
Dong nhat hé s6 duge { B+4C =4 &< B=0 .Khido
A+2B=-2 Cc=1
/ 1 / 8
1
__2/95 / (—2In|z + 2| + In|2? +1‘)‘0:1n§
0 0
2— 2 2 2 A B
b) Ta c6 1‘2 3z + _z 3;U—|—2 _4. 4 C i
x(z?2 42z +1) z(z +1) r o r+l (z41)
Az +1)°+Bz(z+1)+Cx _ (A+ B)a? +(24+B+Clat+ A
z(x 4 1)? z(x 4 1)?
Dong nhét heé s6 duge ¢ 2A+B+C=-3 &< B=-1 .Khidé
A=2 =—6
L, / [ 6 \|*_ . 8
I=2 / / d:U—G/ sdr = ( 2Infz| —Infz + 1| + —— —lnf—l
x x+ (x+1 z+1 3
1 1 1

3:1: +3z+3  32*+3z+3 A LB . C
—32+2  (z2-17%2+2) -1 (z-1% z+2
_A(x—1)(:c+2)+B(x+2)+C(x—1)2_(A+C’)x2+(A+B—2C’)x—2A+2B+C

c¢) Ta co

(z —1)*(z+2) (x —1)*(z+2)
A+C =3 A=2
Dong nhat hé s6 duge { A+ B —2C =3 < { B=3 .Khido
—2A+2B+C =3 c=1

0 0 0
2 3 3 1° o 3
I=[| ——-d ——=d dr = 21 -1 — | 2 =—-—1In2
/x_1x+/(x_1)2 :v+/ 29 nlz—1)°, - m—1_1+ n|z+ 2|2, 5, o
1 1 -

2 2 2 2

1— 24 14+ 2% — 224 1 3
DI=[ —" dz L T de= [ ~dz -2 ——d
) /x<1+a:4> / c(+at) /a: ! /1+x4 !
1 1

1
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1

1 1
2 2 2 2 1 1
e)Tac()I:/ r*+x+ dx:/ *+x+ /:z+ +x+ dz
x2(z+1)+x+1 r+1) (22 +1)
0

0
1

1
1 1 ) 1 1
—— |dz =1 1 ———dz =1n2 ——dz.
<x+1+x2+1> z=In|z+ ||0+/I2+1a: n +/x2+1x
0 0

bat z = tant,t € (—g; g) = dz =

dt = (1 + tan® t)dt.
cos?t (L+ tan”?)

Déicanx:0:>t:0;mzlét:g,tacé:

s jus

1 9 z U

4
0 0
1 1 1
2 2
01 o= [ e [ ()
(x2+3x+2 r+1) a:+2 t4+1 z+2

0 0 0

/ 1 1 2 1| / 2) 1

:/[ 5 T 2~ }dx:— - 2/$+ (z+ )daz

/ (x+2)° (z+1)7° (@+1)(z+2) r+ 1], x—|—2 ) z+1)(z+2)
2

3

2 2 3
dz :5—2(ln|x—|—1|—ln]:n—{—2\)|(1):§—|—21n1.

1
-2 / [ s
x—i—l

0

5.22. Tinh cac tich phan sau :
3

3 1
1 1
I= | ————du; b) I = dax; I= [ 2z — 22dx;
) /\/m+ﬁx ) /¢x+1—\/x—1w ) 1= [ Vst
1 2 0
6 X NG -1 A
241 T+
d) I = | ———duz; I = dz: 0 I=
) 3/\/6:10—172 v ) / 9z ) \/:z:2+4:z:+
0
Loi giai
3 3 3
2 1)z 222 16 — 42 —
a) I = [ (Va+ —\/E)dx:/((:c—kl)é—a:é)dx: ( (:U—:i; ) _ §2> _ 10 \g 6\/3.
1 1

9 3
c) Taco I = 1— (z—1)%da.
Dat ¢ — 1 =sint, t € [—g,g] = dx = cosdt.

.. 7r
D()lcan:p:O:t:—E;:U:1:>t:0,tacé:

0

I = cos’tdt =

\o

V1 —sin?t costdt =

—

IS

1 1
(1 + cos2t)dt = <2t + 1 sin 2t>

[ME]

| N | =
M\:!\o

(ME]
|
INIE]
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6
d) Ta céI:/ld:c.
5 /9 — (z—3)

bat x — 3 =3sint, t € [ = dx = 3costdt.

|| w\:]
po| 3

Déicanr=3=t=0;z 6:>t:E,tacéz

2
bl . bl
I:/3costdt:/1dt: te ==
V9 — 9sin’t 2
0 0
V2
242z
e) Taco I =
) L
T T
bat ac:2s1nt, te [—5,5} = dx = 2 cos tdt.
Déicanx:Oit:O;z:ﬂ:t:%,tacé:
3 2+ 2sint ; 1
I= +Sln2costdt:2/(1+sint)dt: (2t —2cost)|f =2 —V2+ -7
V4 — 4sin’t ) 2

T 4
f)TacéI:/ v

\/(x+2) +1

bat x + 2 =tant, t € (—%,g) =dz =

1
Qtdt:(l + tan? t)dt.
Déicanx:—2ét:0;x:—létzg,tacé:

s s

7 tant + 2 1 dt—/ sint n 2 a
B tan?t + 1 cos2t cos?t  cost
0 0

™

z 3
= — cost
[ Gt /
0 0
0

—sint+ 1+ sint

d(sint)
1 — sin?

™

/ t) + L) dasing)
=— d(cos sin
cos?t 1+ smt 1 —sint

0

I N 1n(l—l—s%nt> I
0 1 —sint 0

1

cost

=\f2—1+21n(f2+1)

5.23. Tinh cac tich phan sau :
1

1 2z + 3 / 1
a) I = dz;  b)I= 7dw; )I= [ ———dz
) O/\/(:c—kl)(x—l—S) ) Ve +1+1 ) VT + Jx
2 6
a) 1 /1 d
Va2 —1 /:1: 4_;,;2 v /23:+1+\/4:E—|—
V2 1 2
Loi giai.
a) Dat u=vVar+1+ Vo +8
:>du—< L 1 )dx:\/x+1+\/x+8da:<:>2d = ! da
2V/r+1 2z +38 (x +1)(z+38) u (x+1)(z+38)

22



Chuyeén dé 5. Nguyén Ham - Tich Phan

Déicanx:O:>u:1+2ﬂ;x:1:>u:3+ﬂ,tacéz

3+v2
5
I= / fdu—2ln|uH3+\[— I 2V2

n —_—
142V2 14+ 2v/2
1+2v2

b) Dit u=+vz+ 1 u?=2+1= 2udu = du.
Déicanz=0=>u=1;2=1=u=1,taco:

2 2
2 1 6
I:/ u 2udu—/<4u2—4u—|—6—>du
u + u+1
1 1

43 2
- <§—2u +6u—61n\u+1\>

_ 8 6w §
1 3

c)Ditu=yreu=r=6u’du=dr. Ddicainr=1=u=1;2=64 = u=2, taco :

2 2 2
1 3 1
1:/ 6u5du_6/ Y du:G/ W—u+1— —— ) du
ud +u u+1 u+1
1 1 1

2

3 2 9
:6(1;—“2+u—1n|u+1|>1=11+61n3
2
. 1
d)TacoI:/dm
22./1 - L
V2 a?

9 1 1 PR 1 1 )
Ditu=—-—=du=——dz. Déicainz=V2=u=—;2=2=u=—, taco:
x x? V2 2

1 1
2 V2
1 / L 4 / L 4
= — u = u
1 V1—u? V1 — u?
7z 3
. oal . T 2. . 1 T 1
Laldatu:smt,té{—f;f}:>du:costdt.D01canu:f:>t:f,u:—:>t: , ta co
2°2 2 6 2 4
5 5
T~ T
I:/ costdt:/ldt:t\iz
J 1 — sin’t J 6 12
6 6

V3
)T '1/ A
e)Tact I = [ ———=du.
/ 24 — 12
Ditu=vV4d—22eu?=4—22=2udu=—2zdz. Déicainz=1=u=vV3;2=vV3=u=1,taco:

v v 1 Y 1
u
/u(4—u2) “ /(2—u)(2+u) “ 4/<2—|—u+2—u> “
1 1 1
1 [2+4u][Y® 1. 243
4 2—ul|y 2 3

23
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f)Datu:\/4x+1<:>u2:4a:+1:>udu:2dx.Déicanm—2:>U—3 T=6=u=2>5,taco
5 5

5
1 1 1—-1
u? +2u+1 (u+1)
3 3

2) ¥4
3
y 5
/ ! " Vau= (wut1+ .
= — nlu =ln-— —
ut+1  (u+1)? u+1 2 12
3
5.24. Tinh cac tich phan sau :
In2 In2 In5
) / L 4 b) / L 4 c) S
a = €T: = €T: = —ax
e +1 1+e @ 7’ et —1
0 0 In2
In5 2 1
T 1 2
d)I:/ ¢ da; e)I:/ L gy f)I_/(xjm)fd
(10 —e*) e — 1 x (1 + ze?) x2e® — 9
In2 1 0
Lai giai
In2 . . In2 .
e +1—e e In2
— - " dr= 1— = (z—-1 1 =In-
a) / pr— dz /< ex+1)dx (x —Inle” +1)[y
0
In2 In2 - In2
1 1 3
b) :/ 1clgc:/ ° dx:/ de” = In|l+e”||? =In=.
1+ & 1+4e” 1+e” 2
0 0
Inb5 S
c) Taco I = ° L Az
et —1

In2
Ditu=+ver—1leou =e*—1=2udu=¢ede. Déicainz=n2=u=1;z=Inb=u=4, taco
h 1 h 3 90
I—/u + 2udu—2/u +1 du-2<u+u) = —
3 1 3
1

1

d) Dit u = +ve” — 1 & u? =e® — 1 = 2udu = e*dx.
Déicanz=In2=u=1;2=In5=>u=2, taco:

2 2
1 1 B+uw+B-u) 1 1 1 )
(9—u)u2udu_31/ (34 u)(3 —u) du_31/<3—u+3+u)d

2

I =

1.5
=—-In—
3 2

(In |3+ u| —In|3 — ul)
1

2

1
e) TacéI:/(SUH x
xe® (1 + ze®)
1
Ditu=1+ze®=du=(1+2)e*dz. Déicanz=1=u=1+e;z=2=u=1+2¢e% taco

14-2¢2 14-2¢2 9
e [ e [ (A - Dam w20
u(u—1) u—1 U |4 1+ 2e?

1+e

1+e

1 .
f) Datu:x\/exidu:§($+2)\/e‘”d:17.DOicanx:O:>u:0;:L‘:1:>U—\f,taco:
Ve 13-/
n

Y D 1 1

I: _— = — — :71
/u2—9d“ 3/<u—3 u+3>d“ 3"
0 0

24
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5.25. Tinh cac tich phan sau :

3 Ve
In?z —3Inz +3 V1 1.1
/ da: b)I:/ nr+ nxd
T

Z; xZ;
r(lnx —2) xlnx—3lnx—|—2)

2

/ l—z / xe® +1 /1—:ce—1)
dx; dx; dx
(1+zlnz)? x (e* +Inx) z (14 ze*Inz)
1

1 1

L&i giai.

1 ;
a)Datu:lnxédu:—dx.D()icanleéuzo;:)::e:>u:1,tac():

1 1
u? —3u+3 .. u?
I—/ p— /(u—1+u_2>du—<2—u—i—ln\u—Z\)
0 0

1
b) Dit u=+vInz +1=u?>=lnx+ 1= 2udu = ~du.
x
Déicinz=1=u=1Lzrz=e=u=2,taco:

2 2
2u 23
2
/u(u udu / U = (5 3>
1 1

1 , 1
c)Datu:lna::>du:—dm.D@ic@nle:u:O;x:\/6:>u:§,tac():
x

1

1
== —In2
2

0

2 116

. 15

1

- f e [ [ ()

0

=
D=

13
= (Infu—2[ —In|u—1))||5 :ln§

1
2
) Ta co I /
L
1 :1:

1 1 1 ) 1
Datu—+lnx¢du—<—2+)dx.D()icanx—léu—l;m—eéu—+1,tacé:
x x x e

&2\'—‘

1 )
e)Datu:ex+lnm:>du:<ex—|—)d:n.D()icanx:1:>u:e;x:2:>u:ez+ln2,tacéz
T

e2+1n2 9 "
I= / fdu—ln]uHe Hn2 _ etrme
e
[$]
f) Ta co
y C1 T 1 T e”
I/l—:];e—l / x—l—l—xe dw_/x%—eln:z:—i—ﬁ—elnx—xdm
(14 ze®Inz) (1 +e”Inz) 14+erng

1 1 1
e

1 e? <
- —e¥lnz — & 1 1
:/ 14 2 L de = z|] — /1d —+e'lnz
Lierng = +e%lnx T
1 * 1t
N 1
:e—l—ln<+ee>
1 e

25
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5.26. Tinh cac tich phan sau :

jus
4

a) I = /sin%dx; b) I =

%
0 0/
bl i .
d)I= /cos%dx; e) I = / i idx; f) I :/ dz;
0 0 0
E /73r
%

1 1
———dux; i =
cos xsin?z )1 / cos3z d.
0

el
Il

o
ol
| =

1 1 1
2/ (1 —cos2z)dx = <2m—4sin2x>
0

1 2
b)I—/ cos? a: /< + cos x) dz = / +2cos2w+cos22m)d
0 0 0

i 3r+8

INE

=~ =

1 1
3+40082x+cos4m)d 8<3x+2sin2x+4sin4x)

oo\v—*
O\ B

3 3 5 5,
c) I = /sin2$sin$dx = —/ (1- cosgx) d(cosz) = (COS T cosx)‘ ==,
/ 3 . 3
g g 9si 3 i 5 % 6
d) I = /cos4x coszdx = / (1- sin2x)2d(sinx) = (sing - 20T 0T = .
3 5 )|, 15
0 0
%1 2 ; 1 ; ; 1 1
— cos“w
) / cosbr ¥ / (cos% costx > / costx cos2 dz / cos2T cos?x
0 0 0 0
I I
= / (1+ tan2$)2d(tan x) — / (1+ tan%) d (tanz)
0 0
- 2tandz N tan®z\ [« - tandz\ [« 8
= nx - nx = —.
3 5 /1, 3 )|, 15
; 1 1 ; tandz\ |1 4
an’x
f) I:/cos%cos%dx /(1+tan z)d(tanz) = <tan:r—|— 3 ) ) =3
0 0
g 2 g 1 1
T T
= [ 2 a(mt) = | 1 %)
/C f—sm o /1—tan2§ an2 1+tan%+1—tan% an2
0 0 0
1+tan2 1
:mg———% ‘ol
1 —tang B 2
; Ccos T ; 1 ; 1 — sinz + sin’z
hl=| ——-do= d(sinx) = d(sinz
) / cos2zsin?x / (1 — sinQ:U) sin?x ( ) / (1 — sian) sin?x ( )
G G

E % E
1 1 1 l—sinz+1+sinz
d(sinx) = sinz) + = d(sinx
/(smx 1—sin2x> ( ) /sian 2/ 1 —sinz)(1 + sinx) ( )
s 6 s
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wly
(HE]

1 +1 1 n 1 d (sinz)
= — — in
sinx |~ 2 l+sinz 1—sinz SHLE
6 s
6
2— 2 4 L4 sing] — |1 —si |)§ 2- 24
=2——+4 = (In sinx| —In|l —sinx =2——+1In
V3 2 z V3

7r

142,

ﬂ
coszT |
os4
0

1 n 1
1 —sinz 1+sinz

]2d (sinz)

=

O\_.c:\:\ O\m\:

1 1 2
+ - . .
[(1 —sinz)?  (1+sinz)? (1 —sinz) (1l +sinz

=~ =

jus

§ 1/6 l—sinz+1+sing

! 1 1 n
4 \1—sinz 1+sinz 0 4
0

s

(1 —sinz)(1l +sinx)

1 1 l+sinx+1—sinx 2 .
(sinz) = — d (sin x)
(1 _ sm%) 4 (1 +sinz)(1l —sinx)

)]2d(sinx)

(sinx)

NE]

1
I = d
) / cos2x ( + 2tan :v) *

2
cos?x
0

%
sinx

fyI= :
) /531113:005237—1—200533 o

0

g

sin x

1) I = dzx.
) O/sin:c+\/§cosac

6
1 1 1 1
—— 4= d (si
3 4/<1+sinx+1sinaz> (sinz)
0
1 1 51 1
§+ z(ln]1+sinm|—ln]1—sinx|)O :§+Zln3.
5.27. Tinh cac tich phan sau :
%2 ) ) 3
cos“ T — CoS T
a)l = | ————dux; b) I =
) / 1+ sin 2z ) \/7+00521:
0
%
1
3sin? J:+cos2 COS T COS (x+§)
0
1
g) I:/. / ;
1+sinx 1+sma:+cosa:
0 0
Loi giai.
%
2 1 kS
/ i :z::/,d(sinQ:z:):ln|1+sir12x|]6l =In2.
1+ sin2x 1+ sin2x
0
b) Ta 6 [ = _cosx 1 _cosx

V8 — 2sin?z v4— sinZx

bat sinx = QSint,t € [—g E] = cosa:da: = 2 cos tdt.

Déicanx:():t:();x_git:%’

2
/ costdt = £ / dt =
9 4 — 451n2t 2 ,

ta co6 :

&

1
1+ tan?x + 2tanx

o
N—
~
Il
O\M:‘

27

Nl
7

/ sd (tanz +1) = —
4 tanm+

; 2
12

I |

tanz + 1 0 2
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3
1 1
d) Taco I = dx—i—/dx
) / 3sin?z + cos2x 3sin?z + cos2x
0 ™
4

1
d de =15+ I
/COS2 (3tan?z + 1) $+/sin2x(3+cot2x) rehrh
0

1 1
Dat v3tanz = tant,t € (—— —) =3 dz = dt = (1 + tan’t) dt.
2 2 cos2x cos?t
Déicanz =0=1t=0; x—4:>t—3 ta co :
1 ; 1 1|3
3 m
I =— 1 +tan’t)dt = —t| = ——
! 3/tan2t+1( ) V31, 3V3
0
1 3
Datcotx—ftantté( E;E é—.de:Ldt—\/g(1+tant)dt
272 sin“z s2t
Dmcanav—ﬁit—z x:E:HE—() ta co
4 6’ 2 ’
1 1|6 o«
I 7\/3 1+tan2t dt = —t| =
2T /3+3tan ( ) V3l, 6v3
0
T T T
Vay I =1 + I, = + )
YITATR TR AT 6V 2v3
/ / dz
cosx (cosx — sinx) cos?x 1—tanx)
0 0
3 3
\f/ tanx):_\/im =+/2In +2‘[.
0
; t 1 ; 1
f) I:/ any 5—d (tanx) / d (tanz)
Stanz + 2 (1 4 tan®z) T3 tanm—l—Q 2tanz + 1
0 0
9 I
= (31 |tanx+2|—1n|2tanx+1|> 71n3—71n2
0
bl ) 2 .
g)I:/1+2sinxcosxd$:/ 2z z
5 2 2 o Cos §(cos2¢ +2tan§>
? 1 1|2
x 2
=2 d(tan) = - -
/l—i—tanzg—i—Qtang an2 1+tan
0
%
1
h)I:/ / dz
251n20082+2cos” s” tan Z +1)
0 0
3 1
x x 3
/tangﬂ g) T Ry "
0

s

E 6 : s s
i)122/sm(au—i—3 g)dx:/81n(x+3)—\/§cos(3:+3)
0

dx

sin (2 + %) sin (z + %)

T z V3 T
= (o= vamlsn (e + ) )[|; =5

L S
0 8 4+24

28
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§6. Ung Dung Cua Tich Phan

5.28. Tinh dién tich hinh phing gi6i han bdi cac dudng cong sau :

a)y=a2—-22;0r; 0 =—1vaz=2; b) y = —3 — 322 va truc hoanh;
—1
c)y=2%—-2rvay=—2%+4x; d)y:jj 1vahaitructoad(f);
x
e) y = 2% x +y = 2 vh truc hoanh; f) 42 = 22 va 27y? = 8(x — 1)3.
Loi giai.
a) Phuong trinh hoanh do giao diém: 2% — 22 =0 < 5 R
Dién tich hinh phing can tim la
y=a>— 2
0 2
S:/’x2—2x‘dx+/‘m2—2x|dx '
0 2 1
= —2z)d - Z
/ (x a: T+ / 20 — 22 ' — ;
—1 0 -1 O 2 x
$3 2 8
(5L (- ) -
Ay
b) Phuong trinh hoanh do giao diém: —z3—32> =0 & [ i i 0 3
= _ _9 0
Dién tich hinh phing can tim la _3 S "
0 0
S = /}1: 31:2|d:v—/(x +3x)d
-3
4 0
[z 3 22 XS] 4
—<4+x>3—4 y=—a3 — 322

c) Phuong trinh hoanh do giao diém:
-2 =—2’+4z & [ ii

Dién tich hinh phing can tim la

3
‘(xQ — 2:/6) — (—a:2 —1—43;)‘ dx = / ‘2:62 — Gx‘dx

0
I

O\w O\w

3
(6:0 — 2:52) dx = <3$2 — 2§>

29
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—1
d) Phuong trinh hoanh do giao diém ? =0 z=1
x

Dién tich hinh phang can tim la

1 1 1
1 —z+1 2
5:/3” dx:/ T+ dx:/ 14 da
x+1 r+1 x+1
0 0 0
= (—z+2njz+1));=2m2 -1

e)Cl: Tacoy=a* o=y, r+ty=2cr=2—y.
Phuong trinh tung giao diém Jy=2—-y <y = (2 - y)3 sSy=1
Dién tich hinh phing can tim I3

1

1
s:/|gf—(2—y)dy=/(2—y—€/§)dy
0

0

1
_(2 y? 33/y4> B
= y———T =

2
0

3

4

C2: (Can phai vé hinh)
Tacorzr+y=2y=2—=2a.

Khid6 2 =02 2=02—2=0z=2vas’=2—-zo =1

Dua vao hinh vé ta cé dién tich hinh phéng can tim la

1 2 1
$4 Jf2
1, 2
0 1

: 3
f)Tacoy? =2z oz =5y% 21y =8(z — 1) o =1+ 5\3/y2.
Phuong trinh tung do giao diém:

3 3
y? = 1—1—5\3/3/2(:) (\3/y2) —3Yy24+2=0cy==42V2

Dién tich hinh phang can tim la

2

3
L4

1
2

22 . 2¢/2
_ 2 - _
s= [ - (1+392) =g [ (s e2-i)a
—2v/2 —2/2
2v/2
1 (95 y3 88v/2
275 TS| T
_2\/5

yll
| 1 s
[9) T
—z—1
y= z+1
-1
=
yA
2v2
DRy
9 Z
y
27y = 8(z — 1)3
9] 1 T
_2\/5

Nhan xét. O bai tap trén viec rit 4n y theo an z 1a khé khan do d6 dua dien tich can tinh vé tich phan

theo bién y 13 phit hgp.

5.29. Tinh thé tich vat thé tron xoay sinh ra bdi hinh phang gidi han bdi cac dudng cong sau khi quay

quanh Oz :
L g o N
a)y:§x -z, y=0,z=0vaz=3;
c) y =xe”, x = 1 va truc hoanh;

30

b)y=4—2?vay=2a2>+2;
d)y=lhz;y=0vaz=e.
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Li gii.

a) Thé tich khoi tron xoay can tim 1a

2 1 2
333—332) d:c:7r/ (9336— 3$5+x4) dx

0
$7 .%'6+.%'5
= T —_——_—— _—
6 9 5

&
Il
3
O\w
7 N
W =

t_8im
o 35

w

b) Tacod—a? =242z ==+1.
Duta vao hinh vé ta c6 thé tich khéi tron xoay can tim 1a

V, = 7T/ [(4—1’2)2 — (:L‘2 —1—2)2} dz

1 .3
:1271/(1—x2)dx:127r <x—3>
-1

2 Y

c¢) Phuong trinh hoanh do giao diém: ze” = 0 < x = 0.
Thé tich khéi tron xoay can tim 1a

1 1
e
Ve = 7r/ (ze”)*dz = 7r/x2e2“dx
0 0

Yy = ze

—_
gv

31
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d) Phuong trinh hoanh do giao diém: zlnz =0 < x = 1.
Thé tich khéi tron xoay can tim la

€ €

Ve = 7T/ (zlnz)dz = 7r/x21n2wdw

. uw=In’z du = %lnwdw .
Dat{dv:xde :>{ 3 , ta co:

2 32
Ve, = %xglnzx‘ — ;/@3 Inzdx = % - % 23 In zdz
1 1
. u=Inz du = 1dz
Laldat{dv:xzdx i{v:”‘f , ta co
e
3 3 3 3
me 2z Inx 27 me 2rx s
Ve=—— — 2de = — — (5e3 -2
T3 9 1+9/x‘r 9 27127(e )
1

5.30. Tinh thé tich vat thé tron xoay sinh ra bdi hinh phang giéi han bdi cac dudng cong sau khi quay

quanh Oy :
a)y? = (z—1)° vaz = 2; b) 4y = 2% vh y = x;
9 27 z?

C)y=x,y:;vay—ﬁ;

L&i giai.

a) Taco:y’=(x—1)3 o x=1+ {/y2
Phuong trinh tung do giao diém: 1+ {/y? =2 & y = £1.
Thé tich khéi tron xoay can tim la

d)y=2z—22vay=0.

Vy = /1[4— 1+\F)}dy_/l(3—2\3/gﬁ—\3/gﬁ)d

6" U\
=\¥-—5 7

-1

b) Tidy=22=y>0vay=2a=2>0.

Y
Dodé4y:x2©x:2\/§. ‘
, y=20 dy =2
Phuong trinh tung do giao diem: 2,/y =y < [ y=4" N—1—
Thé tich khéi tron xoay can tim la | |
, | |
3 4 32 : :
vV, = /4y y°) <2y2—y> == : :
3 0 3 L L >
3 —4 19) 4z

32
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) Tit hinh vé thay ring hinh phing giéi han bdi do thi cac ham
. 9 x? 27
oy==cx ;yzﬁ vy = — nam & géc phan tu thit nhat.
x
72

Dod(’)xétx,yZOtacéy:x2<:>x:\/§,y 2—7<:>9:—\/27y

< , 27 27

Vaxét z,y >0tacoy=— &= —.
x

Khi do \/y = /2Ty & y=0; Jy = —@y—Q

27
Va /27 = ey=3

Duta vao hinh vé ta c6 thé tich khéi tron xoay can tim 1a

3 9 9
Vy:TF/(\/27?/ dy+7r/< ) dy—ﬁ/(\/ﬁ)zdy
0 3 0
/ 1
:277r/ydy+7297r/2dy—7r/ydy
5 Y
3

S

0 0
27my?
2

9

= 2437w
0

y2

7297 9
0 Y

3

d)Tacoy=2c—a2?a(x—-1)>*=1-—y&|z—1=+/1—ynen
véiz>1thie=14+1—y;vix<lthiz=1-1-y.
Khidol1l++y/1—-y=1—y/1—-ysy=1.

Duya vao hinh vé ta c6 thé tich khoi tron xoay can tim Ia

V= 0/1[(1+F) (1- W)Q]dyzmo/lﬂdy

Ditu=+I—-y<u’=1-y=2udu=—dy.
Doicainy=0=u=1;y=1=u=0,taco:

87Tu

1
Vy = 47T/u 2udu =
0

CAC BAI TOAN THI

1
5.31. (THPTQG-2015) Tinh tich phan I = / )e*dx.
0

, ta co :

dv = e*dz

— 23 du =d
Laigéifwm{u v =>{ =
V=€

1

I:(x—3mﬂg—/€mx:3—2a—&5:4—36

0

33

Ay
y=2
2
= 47 .
i
Ay
1| y=2z—a?

Loi giai. Phuong trinh hoanh do giao diém 2?> —z+3=2z+ 122 -32+2=0<

5.32. (A-2014) Tinh dién tich hinh phéng gidi han bdi dudng cong y = 22 —x+3 va dudng thing y = 22+1.

=1
—9
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Dién tich hinh phing can tim I3

2 2
S = /‘x —az+3 (2$+1‘daz—/‘x —3$+2‘dx—/(—x2+3x—2)dz
1

1
3 3z
=|-——4+—-2
(5% =)

5.33. (B-2014) Tinh tich phan I = / TTT .

2

1

2 2 2
22 + 1 1
Loi giai. Tacé[:/<1+ i )dx:/ldm—l—/ ——d(2® +2) = 2} + ln|2® + 2| =1+ In3.
1 1 1

%
5.34. (D-2014) Tinh tich phan I = / (x + 1) sin 2zdx.
0

= 1 du=d
Loi giai. Dat {0 T o=t ta co
dv = sin 2zdz v = —5C082T
1 T 1 1 103
I= —5(3;—1—1)00523:0 +2/0032xdx:2+ Esin2x0 =1

0

2
2121
5.35. (CD-2014) Tinh tich phan I = / TAEENT g,
X
1

2 2 2
21 2
Loi giai. Ta ¢6 :/< n:):) /xdx—l—/Zlnxd (Inz) %
1 1 1

2
+ In ac‘l f—i—l 29,
1

2
2 _
5.36. (A-2013) Tinh tich phan I = / L Inzde.
1
e ez e, J U=InT du = Lldz )
Loi giai. Dat{ dv:xkldx :>{ v — ﬁ_% , ta co :
2 2
L
I = x—i— lnx / § / :§ln2— T — — =—-In2-— -
2 2 /)|y
1 1

5.37. (B-2013) Tinh tich phan I = /:cv 2 — x2dz.
Lai giai. Diat u=v2 — 22 @ v? =2 — 2?2 = udu = —2dz.
Déicainz=0=u=v2;z=1=>u=1,taco:

V2 V2 NG

3
I—/u.udu—/usz— %

1 1

2v2-1
.3
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1
1)
5.38. (D-2013) Tinh tich phan [ = / Tt
0

x2+1
Loi giai.
1 1 1
. z? —i—2x—|—1 9 1
Tacé I = / o / oS /( $2+1)dx: (x—i—ln(x +1))|O:1+1n2.
0 0 0
5
1
5.39. (CD-2013) Tinh tich phan I = —dzx
( ) Tinh tich phan /1+\/2m—1
1

Lai giai. Dit v =122 — 1 & u? = 22 — 1 = udu = dz.
Déicinz=1=u=1;2=5=u=3,taco:

3 3
1 1
I:/1+uudu:/(11+u>du:(uln|1+u|)i’:21n2

1 1

3
1+In(x+1)

5.40. (A-2012) Tinh tich phan I = / 5 dz.

—_

3

3
3+/1 dw—g—lln4+ln2+
x( -3 r x+1 3 3
1

H\w

(1— 1 )dw—2+ln3—21n2

—_

3

5.41. (B-2012) Tinh tich phan I = / mdx

0

1
1 2
Loi giai. TacoI—Z/ 241) x2+2)da:.
0
22 A B (A+ B)2* +2A+ B

@D (@+2) 24l Z12 @) 12)

A+B=1 A=—1 . .
2A+B=0 {B:2 - Khi dg

Lai co:

Dong nhat hé sé dude {
1
TS
2
0

5.42. (D-2012) Tinh tich phan I

1
1 1 ! 1 3
2+/m2+2dx2: —§ln(m2+1) 0+1n(x2+2)|0:1n3—§1n2
0

1+ sin2z) d.

O\:\

™

Loi gidi. Taco [ = /(a: + xsin 2z) dz
0

+ /;Usin 2zdx = g— / z sin 2zdx.
0 0
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5 U=z du = dzx -
Dat{dv—sianda: {v——%cosQw » ta o ;
2 T 9 4 2 T 2 9
I = ;—gcos2x‘o+2/cos2xdx—g2+Sln2x02§2 1
0
3
5.43. (CD-2012) Tinh tich phan [ = dx
( ) P /\/m
0
Loi giai. Ditu=vz +fl o u? =2+ 1= 2udu =dz
Déicainz=0=>u=1;2=3=>u=2,taco:
2 2 1 2 23 2
I:/u — 2udu:/(2u2—2)du: (u—2u> = -
U 3 1
1

1
s

4

5.44. (A-2011) Tinh tich phan I :/ -
rsmx + cosx
0

4
xsmx+xcosx+cosxd
xTr =

e ene , T CcosT
Loi giai. Taco I = . 1+ —m——— ) dx
TSN+ cosx rsSInxT 4+ cosx
0

I CoST
rsinx + cosx

O\Mﬂ

jus
4

O\MA

g TCOST s
zsinx + cos x 4
0
o . 2. Vs 4+7T
bat u =xsinx 4+ cosx = du = (xcosz)dz. Poicainzr =0=u=1;2=—-=u=——, ta co
4 42
447
ﬁl i 4
="+ / —du = In |u||}Y* = E—l—lni—i_ﬂ-
4 u 4 42
1
1
5.45. (B-2011) Tinh tich phan I / * xsmx
oS
0
E % us E
Loi giai. Taco [ = / da:+/x5mxdx: tanz|$ +/xsmx = / slnx
cos?x cos?x cos? cos?x
0 0 0 0
Dat{“_xsm :>{d =dr s
dv = cos2:vdx v cosx
3 ) 3 3 .
I=V3+ / :\/§+7r_/cosx \f—i- /.gd(sin:c)
cos T col 1 —sin“x
0 0 0

27 1 1—sinz+4+1+sinzx
=V3+——= d (si
V3+ 3 2/(1—sinx)(1+sin:c) (sin )
0

3
2r 1 1 1 .
B \/§+3_2/ <1+sinaz * 1—sin:c) d(sinz)
0

1
—\f-|-7—§(ln\1+s1nx] ln|1—SlnfUD
0
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4r — 1

5.46. (D-2011) Tinh tich phan [ = | —— "~ dg
( ) P V2rF1+2
0

Loi giai. Datu=+v2r+ 1o uw? =22+1=2udu=2dz. Ddicainz =0=>u=1;2=4=u=3,taco:

3 3 3
2 (u2 — 1) _3 10
/ 20 -1 -1 / u’ —3u / 22 — du 45— du
u+2 u -+ 2 u—+ 2
1 1 1

3

2u3 34
= <g—2u2—101nyu+2\) 1:§+101n5
2
92z + 1
5.47. (CD-2011) Tinh tich phan I = / Tt
x( a;—i—l

1

2
1 1
Loi gidi. Taco [ = / ( 1 + ) dz = (In]z + 1|+ In|z])| = In3.
x x
1
1
2% + €% + 22%e”

.48. - i i a = .
5.48. (A-2010) Tinh tich phan I / {90 dz

0

1 1

1
2 e” T
\r ez . z° (14 2¢") 9 e 9 1 1
Loi giai. Taco I = / 1+2em dm:/(m —|—1+2ez>dx:/x dx+2/1+2€md(1+2em)
0 0 0

0

1

3 1
T 1 1. 142
= — —In|l+2e"|| ==+ =1 .
30+2n|+e]0 3+2n3
€
. . _ Inz
5.49. (B-2010) Tinh tich phan [ = | —————dx.
z(2+Inx)
NP 1 . )
Loi gidi. Dat u=2+Inxr=du=—-dex.Ddicanz=1=u=2;x=e=u=3,tacod:
x
Fu—2 [ 2\ I° 3 1
:/u—2 duz/(—)du-<1n|u|+> =In- -
U u u? u/ |, 2 3
2 2

5.50. (D-2010) Tinh tich phan I = / (21: - 3) In zdzx.
x

1

e

3 3In?z | 3
Lai giai. TacoI—/2xlnxdx—/nxdx-[1—3/lnxd(ln:r)—11— I;x :11—5.
x
1 11 1 !
u=Inzx du = =dx
< = .
Dat{dsz:vdx j{v:mQ ) b0 :
e e
1 2| 2 1
IlszInx\j—/xQdx:41n2—/xdx:41n2— T o—ame -S4
z 2 |, 2 "2
1 1
2 2
e 1 3 e
ay l =4In2— — + - —=-=4In2 — — — 1.
Vay n 2+2 5 n 5
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1
20 —
5.51. (CD-2010) Tinh tich phan I = / -
x
0

3
Lai giai. Ta c6 [ = (2— >dx = (22 — 3|z +1])|; =2 - 3In2.

x+1

o _

g
5.52. (A-2009) Tinh tich phan I = / (cos®z — 1) cos*zda.
0

Lai giai. Taco [ = (cos5a: — cosza:) dr = /cos xdx — /costdx.

%
/ (1+cos2x)d
0

RE1CES )
— — |z + =sin2z
0 2 2

(1 — sin2:n) sma:

. 2sin’x n sin®z
= [ sinx —
3 5

o\w‘:‘ O\_.m\:x
[\D\ —

[N

2 8 T
0 15 47

3

341
5.53. (B-2009) Tinh tich phan I / R
1+ :J:

u=3+Inzx du = 14
Loi giai. Dat ¢ 4 _ 1 = { e E
T (14a)?

3 3 3
__3+1na:3+/ 1 dw_3—ln3+/1+x—xd$_3—ln3+/ L S P
1+ | r(1+z) 4 r(14+z) ~ 4 z 1+

1 1 1

3—In3 27

= + (In|z| —In |1+ 2| = <3+1 16>

3
1
5.54. (D-2009) Tinh tich phan I = / -
e —
1

3 3
—(er 1),
L3i giai. Tac()[:/e (e® /<
1 1

)dx: (Infe” — 1| —z)} =l (* +e+1) —2.

1
5.55. (CD-2009) Tinh tich phan I = / 24 r) e®da.
0
1 1 1 1 1
Loi gidi. Taco T / 2 4 g)efda = /e_xd:): + /xexd:r = —e_x‘(l) + /:vexdac =1- % + /wexdx.
0 0 0 0 0
Dit { Zv_jex P { S“:_GS Y taco:

1

I=1——I—:Cew|é—/e””d3::1—+e—e$|(1):2_
(& e e
0
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